There are three uniformities normally used in connection with a topological group: the left, right, and two-sided uniformities. Completeness in the left uniformity is equivalent to completeness in the right uniformity, and stronger than completeness in the two-sided uniformity. If the group is metrizable, then it always has at least one left invariant metric; completeness in the left uniformity is equivalent to completeness in this metric (it does not matter which left-invariant metric is chosen). Still in the case of a metrizable group, completeness in the two-sided uniformity is equivalent to topological completeness, i.e., the existence of at least one metric in which the group is complete as a metric space (see [3] , Exercise Q(d), p. 212 for proof). Every topological group has a completion in the two-sided sense, but not necessarily in the one-sided sense (more precisely, the completion in the left-uniformity, though it is a complete uniform space, is not in general a group). When the one-sided completion does exist, it coincides with the two-sided completion. Two important examples of metrizable topological groups which are complete in the two-sided but not the one-sided sense are the full permutation group of a countably infinite set and the unitary group of an infinite-dimensional, separable Hubert space (with the strong operator topology). Both of these examples are separable. Nonseparable examples of less naturality can be obtained by taking the direct product of one of the above with a nonseparable Banach space.
Lemma 1 below, which is the separable case of our theorem, was essentially proved by Banach [1] , though his statement of it (Satz 8) was weaker. Its present statement and brief proof are the same as in Corollary 3.2 of Pettis [5] . Corollary 1 of the theorem and the corollary to Lemma 1 have some independent interest. They state that if N is a closed normal subgroup of the group G, which is metrizable and complete in its two-sided uniformity, then G/N is also complete. The corresponding result for one-sided completeness is trivial and is true even if N is not normal. (This case where N is not normal is, so far as we know, the only case where the results for one-sided completeness remain significantly superior to those for two-sided completeness.) Lemma 2, which is corollary 2 to the theorem, may also have some independent interest. Our theorem itself, when strengthened by the addition of the accompanying remark, differs from the "standard" REMARK. It is easy to see that the hypothesis on π(U) will be satisfied if π is surjective. This special case is Satz 8 of [1] .
Proof. Let U be an open nighborhood of the identity in G. Then π(U) is analytic and hence ([4], p. 94-95) almost open. But π(U) is second category in H.
(If π(U) g \J n F n , F n closed, then some τz~ι(F n ) Π U has interior. Hence π (π~ι(F n ) £ F n has interior.) Hence (see [5] or [3] , Exercise P(b), p 211) π(U) π{U)~ι is a neighborhood of the identity in H.
COROLLARY.
If G is a polonais group (i.e., a separable, metrizable, and topologically complete topological group) and N is a closed normal subgroup, then G/N is again complete and hence polonais.
Proof. Let H be the completion of G/N. LEMMA 
Let G and H be metrizable topological groups which are complete in their two-sided uniformities and π: G -> H a continuous homomorphism such that π(U) is a neighborhood of the identity in H for each neighborhood U of the identity in G and such that τc(G) = H. Then for each closed separable subgroup H o of H, there is a closed separable subgroup G o of G such that π is a relatively open map of G Q onto H o .
Proof. Let U 1 a U 2 3 ί7 3 be a fundamental system of neighborhoods of the identity in G. Let 
